As an extension of the class of half condensed domains introduced by D.D. Anderson and Dumitrescu, we introduce and study the class of almost condensed domains. An integral domain D is almost condensed if whenever 0 ̸ = z ∈ IJ with I, J ideals of D, there exist
Condensed domain ⇒ 6 HC domain ⇒ 7 AC domain
The implications "1" and "2" are obvious, "3" is proved in [13, Corollary 2.2], "4" is proved in [6, Proposition 1.2], "5" is proved in Theorem 4 of this paper and "6", "7" are clear from definitions.
This new concept of AC domain depends upon the notion of star operation, v-operation, t-operation and w-operation. A reader in need of a quick review on this topic may consult sections 32 and 34 of Gilmer's book [18] . For the reader's convenience we give a working introduction here for the notions involved. Let 
where J ranges over all nonzero finitely generated sub-ideals of I, is also a star operation; * is said to be a star operation of finite character if * = * f . Clearly ( * f ) f = * f . Let M ax * (D) denote the set of maximal * -ideals, that is, ideals maximal among proper integral * -ideals of D. Every maximal * -ideal is a prime ideal. If * is of finite character, then every proper * -ideal is contained in some maximal * -ideal, and * is stable if and only if A domain is independent of finite character F (or an F-IFC domain) if it has a defining family F of primes that is independent and of finite character [9] . An ideal I of a domain is called unidirectional if it belongs to a unique member of the defining family F of primes [9] . A domain D is called a weakly Matlis domain if the intersection D = ∩{D P | P ∈ M ax t (D)} is independent of finite character [10] . 
Throughout this paper all rings are (commutative unitary) integral domains.
For a domain D, denote the complete integral closure byD and the integral closure by D ′ . Our standard reference for any undefined notation or terminology is [18] .
Recall that an extension R ⊆ T of domains is said to be t-linked if, whenever J is a nonzero finitely generated ideal of R with J −1 = R, we have (JT ) −1 = T . Such extensions were introduced in [17] . In [6, Proposition 1.1], it is proved that every overring of an HC domain is HC. In the next proposition, we shall prove that a t-linked overring of an AC domain is AC. A lemma is in order.
Lemma 1. Let R ⊆ T be a t-linked extension of domains. Then
Proof. Let y ∈ I w . Then yA ⊆ I for some finitely generated ideal A with A −1 = R. This implies that yAT ⊆ IT with (AT ) −1 = T , because T is a t-linked overring of R. Hence y ∈ (IT ) w and thus I w ⊆ (IT ) w . This implies that (I w T ) w ⊆ (IT ) w . The opposite inclusion is clear.
Proposition 2. Let D be an AC domain and E a t-linked overring of D.
Then E is also an AC domain. In particular, every fraction ring of an AC domain is AC.
Proof. Let I, J be two nonzero ideals of E and 0 
because a nonzero fractional ideal is w-invertible if and only if it is t-invertible.

Example 5. Consider the domain
D = F [[X 2 , X 3 ]]
where F is a field. Then by [13, Example 2.3], D is condensed domain and hence AC. Clearly D is not PVMD because it is not integrally closed.
Proposition 6. Let D be an AC domain in which every maximal ideal is a t-ideal. Then D is an HC domain.
Proof. If every maximal ideal is a t-ideal, then w
= d, cf. [24, Proposition 2.2].
Example 7. Since a quasi-local HC domain is condensed [6], Proposition 6 shows that, a quasi-local one-dimensional domain is AC if and only if it is condensed. So, the rings R + XR(Y, Z)[[X]] and
In Recall from [9] that a family F = {P i } i∈L of nonzero prime ideals of D is called a defining family of primes for D if D = ∩ i∈L D Pi . If, further, every nonzero nonunit of D belongs to at most finitely many members of F, F is of finite character, and if no two members of F contain a nonzero prime ideal, F is independent. An ideal I of a domain is called unidirectional if it belongs to a unique member of the defining family F of primes. An integral domain D is independent of finite character F (or an F-IFC-domain) if it has a defining family F of primes that is independent and of finite character. The corresponding family {D Pi } i∈L of overrings of D induces a star operation * F on D defined by I −→ I * F = ∩ i∈L ID Pi for all I ∈ F (D). We shall often refer to * F as the star operation induced by F. By [3, Corollary 2.13] and [9,
Recall from [10] , that a domain D is called a weakly Matlis domain if the intersection D = ∩{D P | P ∈ M ax t (D)} is independent of finite character.
Corollary 13. Let D be a weakly Matlis domain. Then D is an AC domain if and only if D M is condensed for each M ∈ M ax t (D).
Proof. Apply Proposition 12 and 9.
Theorem 14. Let D be a Noetherian domain. Then the following are equivalent:
(
Proof. 
Proposition 15. Let {D i } i∈Λ be an ascending chain of AC domains such that each
Proof. Let I, J be two nonzero ideals of D with 0 ̸ = z ∈ IJ. Then z = x 1 y 1 + · · · + x n y n , where x k ∈ I and y k ∈ J for k = 1, ...., n. There exist i 0 ∈ Λ such that D i0 contains all elements x i , y j and so z ∈ D i0 . Let
A domain D is said to have the two-generator property or simply is twogenerated if every ideal of D is generated by two elements. 
